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ca[0, ] :=0;

ca /: ca[f_ , is__] + ca[g_, is__] := ca[f+g, is];

ca /: -ca[f_, is__] := ca[Expand[-f], is];

Bla[f_ , j_, k], c¢[1_1] /; DistinctQ[j, k, 1] := 0;

Bla[f , j , k.1, elJ 1] :=vw[-£, 3, k];

Bla[f_, J_, k.1, e[k_]1] :=vw[£, J, k]:

B[x , ca[f , i_, J_, k_]] := Plus]|
B[x, c[il] /. ¥[g_, 1_, m ] » yal[fg, 1, m, j, k],
B[x, al[f, j, k1] /. {alg_, 1 _,m ] +» calg, i, 1, m], _y » 0, _ya -» 0}
1;

baalf , i ,jF , k , 1.1 /; OrderedQ[{1, j}] ADistinectQ[i, j, k, 1] :=
baal[f, k, 1, i, F1:

baalf , i ,j , i , 1.1 /; OrderedQ[{1, j}] ADistinctQ[j, 1] := Saal[f, i, 1, i, F];

Ey = {
yl[f,37 ,k ,1]1 +» ca[f, 1, j, k] +ca[Expand[-f], k, j, 1],
yalf , i_, 37 ,k_, 1] +» baalf, i, j, k, 1] + ca[Expand[-b; f], 7, k, 1]
}i
Check3[y »] :=
{tl =B[a[f, j, k], v] /. Ey, t2=B[a[f, j, k], v /. Ey] /. Ey, tl=t2 // Simplify}
{x1, x2, %3} = {a[l1, 1, 2], a[1, 2, 3], a[h[b1, b2, b3], 1, 2]}
{a[ll 1! 2]/ a[ll 2/ 3]/ a[h[bll b2/ b31/ ll 2}}

B[x1l, x2] + B[x2, x1]
0

B[x1l, B[x2, x3]] + B[x2, B[x3, x1]] + B[x3, B[x1, x2]] // LSimp
Y[*b% h(0:0:1) [by, by, bs] +b1 by W9 %1 [by, by, bs] +
b h(% 10 [by, by, by] -by by h(% 10 [by, by, b3], 1, 2, 3] +
Ya[bl h(0: 01 [by, by, b3] ~by W0 %1 [by, by, by] by h(® 10 [by, by, bs] +
b, h(% 10 by, by, b3], 1, 2, 1, 3]

B[x1l, B[x2, x3]] + B[x2, B[x3, x1]] + B[x3, B[x1, x2]] // ColumnForm

¥[-b3h(0:01) [by, by, b3] +by by h(0:01) [by, by, bs] +b2 (019 [by, by, bs] ~by by h(0:1:0) [by, by
Ya[b1 h(0:0:1) by, by, b3] ~by W00 [by, by, b3] ~by W00 [by, by, bs] +by W10 [by, by, bs],

B[x2, x3]
a[_h[bll b2! b31 bll 21 3] +a[h[blr b2l b31 b2r lr 31 +
¥[h[bi, bz, b3], 1, 2, 3] +ya[-h(® %D [by, by, bs] +h(® 10 [by, by, bs], 2, 3, 1, 2]

B[x1, y[h[b1, b2, b3], 1, 2, 3]]
Ya[fh[bll b2/ b3]l 1/ 2/ ll 3}
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B[x3, x1]

ya[h(01:0) [by, by, bs] ~h(1:00 [by, by, bs], 1, 2, 1, 2|

B[x1l, x2]
a[bll 21 3] +a[_b21 11 3] +Y[_ll 1/ 21 3]

B[x1l, B[x2, x3]]
a[-h[bi, by, bs] b?, 2, 3] +alh[bs, by, b3] b1 by, 1, 3] +
Y[h[bu by, b3] by + h[by, by, b3] by b7 W% %1 [by, by, b3] +b7h(® 10 [by, by, bs],
1, 2, 3] +yal[-b1 h(%% D [by, by, b3] +b; K010 [by, by, bs], 2, 3, 1, 2] +
ya[-h[by, by, b3] +b; h(%1/9 [by, by, bs] ~b; h1:%0 [by, by, b3], 1, 2, 2, 3] +
ya[-2h([by, by, b3] +by h(%/01 [bs, by, b3] ~b1 h(® 10 [by, by, bs] -
b, h(%1:0) [by, by, b3] +b, h(1:90 [by, by, bs], 1, 2, 1, 3]

{y1, y2, y3} = {a[1, 1, 2], a[1, 2, 3], a[bs, 1, 2]};
B[yl, B[y2, y3]] + B[y2, B[y3, y1]] + B[y3, B[yl, y2]]
y[-b2+Db1bs, 1, 2, 3] +valby-bs, 1, 2, 1, 3]

Bly2, y3]
al-bi1bs, 2, 3] +albybs, 1, 3] +¥[bs, 1, 2, 3] +val[-1, 2, 3, 1, 2]

B[yl, B[y2, y3]]
al-bibs, 2, 3] +a[bibybs, 1, 3] +¥[-bf +bib3+bybs, 1, 2, 3] +
vya[-b1, 2,3, 1, 2] +ya[by-2bs, 1, 2, 1, 3] +va[-b3, 1, 2, 2, 3]
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