
I n [ ] : = σi_[h[F_, L_]] := h[

Permute[F, Cycles[{{i, i + 1}}]],

Expand[L /. {βi  βi+1, βi+1  F〚i〛 βi + (1 - F〚i + 1〛) βi+1}]

]

I n [ ] : = {h[{t1, t2, t3}, β1] // σ1 // σ2 // σ1, h[{t1, t2, t3}, β1] // σ2 // σ1 // σ2}

Ou t [ ] =

{h[{t3, t2, t1}, β3], h[{t3, t2, t1}, β3]}

I n [ ] : = {h[{t1, t2, t3}, β2] // σ1 // σ2 // σ1, h[{t1, t2, t3}, β2] // σ2 // σ1 // σ2}

Ou t [ ] =

{h[{t3, t2, t1}, t1 β2 + β3 - t2 β3], h[{t3, t2, t1}, t1 β2 + β3 - t2 β3]}

I n [ ] : = {h[{t1, t2, t3}, β3] // σ1 // σ2 // σ1, h[{t1, t2, t3}, β3] // σ2 // σ1 // σ2}

Ou t [ ] =

{h[{t3, t2, t1}, t1 t2 β1 + t1 β2 - t1 t3 β2 + β3 - t3 β3],

h[{t3, t2, t1}, t1 t2 β1 + t1 β2 - t1 t3 β2 + β3 - t3 β3]}

I n [ ] : = μ[h[F_, L1_], h[F_, L2_]] := FactorExpandL1 L2 /. ti_  ti
-1, βi_  βi /.

βi_ βj_ 

(t0-1) (F〚i〛-1) (1-t0 F〚i〛)

t0 F〚i〛
i  j

-(t0-1) (F〚i〛-1) (F〚j〛-1)

F〚j〛
i < j

-(t0-1) (F〚i〛-1) (F〚j〛-1)

t0 F〚j〛
i > j


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I n [ ] : = μ[h[{t1, t2, t3}, β1], h[{t1, t2, t3}, β2]],

μ[h[{t1, t2, t3}, β2], h[{t1, t2, t3}, β1]] /. ti_  ti
-1
 // Simplify

Ou t [ ] =

-
(-1 + t0) (-1 + t1) (-1 + t2)

t2
,

(-1 + t0) (-1 + t1) (-1 + t2)

t2


I n [ ] : = h[{t1, t2, t3}, β2] // σ1

Ou t [ ] =

h[{t2, t1, t3}, t1 β1 + β2 - t2 β2]

I n [ ] : = {μ[h[{t1, t2, t3}, β1], h[{t1, t2, t3}, β1]],

μ[h[{t1, t2, t3}, β1] // σ1, h[{t1, t2, t3}, β1] // σ1]}

Ou t [ ] =

-
(-1 + t0) (-1 + t1) (-1 + t0 t1)

t0 t1
, -

(-1 + t0) (-1 + t1) (-1 + t0 t1)

t0 t1


I n [ ] : = {μ[h[{t1, t2, t3}, β1], h[{t1, t2, t3}, β2]],

μ[h[{t1, t2, t3}, β1] // σ1, h[{t1, t2, t3}, β2] // σ1]}

Ou t [ ] =

-
(-1 + t0) (-1 + t1) (-1 + t2)

t2
, -

(-1 + t0) (-1 + t1) (-1 + t2)

t2


I n [ ] : = {μ[h[{t1, t2, t3}, β2], h[{t1, t2, t3}, β2]],

μ[h[{t1, t2, t3}, β2] // σ1, h[{t1, t2, t3}, β2] // σ1]}

Ou t [ ] =

-
(-1 + t0) (-1 + t2) (-1 + t0 t2)

t0 t2
, -

(-1 + t0) (-1 + t2) (-1 + t0 t2)

t0 t2

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